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$S(A|B)=$ s-lim $S(A|B+\epsilon)$ ( )
[9] $S(A|B)$
[11] :
: $\exists c\in \mathbb{R}$ ; $c\leq tB-(\mathrm{l}\circ \mathrm{g}t)A$ $(t>1)$ .
$S(A|B)$ $(A, B)$
Douglas majorization theorem [5] [15]
$S(A|B)$ $[8,12]$ : $R=(A+B)^{1/2}$
$\mathrm{k}\mathrm{e}\mathrm{r}X\supset \mathrm{k}\mathrm{e}\mathrm{r}R$ $XR=A1/2$ $X$ –
$S(A|B)=RF(X^{*}X)R$ $F(x)=S(x|1-x)=x \log\frac{1-x}{x}$ .
$S(A|B)$
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Lebesgue [3] , $A$
B-





: ran $A^{1/2}\subset$ ran $B^{1/2}$
:
1. :
majorization (1) (2) (3)
ran $A^{1/2}\subset$ ran $B^{1/2}$ $\Rightarrow$ $\Rightarrow B$- $\Rightarrow \mathrm{k}\mathrm{e}\mathrm{r}A\supset \mathrm{k}\mathrm{e}\mathrm{r}B$ .
:
(1) $B=A^{2}$ $S(A|A^{2})=A\log A^{2}-A\log A=A\log A$
(2) $A=P_{B}$ $S(P_{B}|B)=PB\log B$




$Am_{0}B=A$ , $Am_{1}B=B$ , $m_{1/2}=m$ ,






$m^{[1]}=a$ ( ), $m^{[0]}=g$ ( ), $m^{[-1]}=h$ ( )







– $B[A]$ $\mathrm{s}-\lim_{t}$ $Ag_{t}B=[B]A$
:
$[B]A= \mathrm{s}-\lim_{t\downarrow 0}A:\frac{1-t}{t}B=\mathrm{s}-\lim_{f\downarrow 0}(1-t)(Ag^{[-1]}B)$ .
, $Am_{t}B$ – :
2. $1m\mathrm{O}\equiv \mathrm{o}m1=0$









s-lim A $m_{t}B=Rx^{*}PXR=A1/2PA^{1/}2$ .
$t\downarrow 0$
$F_{t}(x)arrow x$ $(t\downarrow \mathrm{O})$ //
$Am\neq B$ $t$ [13]
,
:
3. $m_{t}$ $Am_{t}B$ $0<t<1$ .
( ) $[0,1]$ $F_{t}(x)=xm_{t}(1-X)$ $F_{t}(1/2)=1/2$ $[0,1/2]$
, [1/2, 1] $(0\leq t\uparrow 1)$ $t$ $C[0,1]$
$||Am_{t+\epsilon}B-Am_{t}B||\leq||R||||F_{t}+\mathcal{E}^{-F_{t}}||\infty||R||arrow 0$.
( )
$\varphi_{\epsilon}(_{X})\equiv\frac{F_{t+\epsilon}(x)-Ft(x)}{\hat{\mathrm{c}}}\downarrow\frac{dF_{t}}{dt}(x)$ $(\epsilon\downarrow 0)$ .
$x$ Dini $\varphi_{\epsilon}$
, $Am_{t}B$ //
Uhlmann – $m$ $m_{t}$ $0$
derivative solidarity $s_{m}$ :
A $s_{m}B= \mathrm{s}-\lim_{t\downarrow 0}\frac{Am_{t}B-A}{t}$ .
$s_{m}$ – $m_{t}$ :
52














$f(||E_{h}||)\leq f(E_{h})\leq f(-||E_{h}||)$ $f(E_{h})$ 1
$E_{h}$ $E_{h}\geq-1,$
$\mathrm{s}_{h}- \mathrm{J}\mathrm{i}\mathrm{m}E_{h}=0$ $\mathrm{S}^{-},1\mathrm{i}\iota \mathrm{r}\mathrm{n}$
$F(E_{h}.)=1$ .
:
5. $A,$ $B$ :
$\mathrm{u}-\lim_{h\downarrow 0}\frac{S(Am_{t}B|Am_{t+}hB)}{h}=\mathrm{u}-\lim_{harrow 0}\frac{S(AmtB+\mathcal{E}|Am_{t}+hB+\epsilon)}{h}--\frac{dAm_{t}B}{dt}$ .




















$F_{t+h}^{\langle r})\leq K(h)F_{t}^{1r)}$ $X_{t}=Am_{t}B$
$X_{t+h}=RF_{t+h(}c)R\leq K(h)RF_{t}(C)R=K(h)X_{t}$
majorize $\lim_{h\downarrow 0}K(h)=1$











$= \frac{4}{1-\alpha^{2}}(\frac{1-\alpha}{2}A+\frac{1+\alpha}{2}B-Ag\langle 1+\alpha)/2B)$ .
$\alpha=0$ 4
$D_{1}(A|B) \equiv \mathrm{s}-\lim_{\alpha\uparrow 1}D_{\alpha}(A|B)=-s(B|A)+A-B$
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